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Abstract: The shape and function of insect wings tremendously vary between insect species. This
review is engaged in how wing design determines the aerodynamic mechanisms with which wings
produce an air momentum for body weight support and flight control. We work out the tradeoffs
associated with aerodynamic key parameters such as vortex development and lift production, and
link the various components of wing structure to flight power requirements and propulsion
efficiency. A comparison between rectangular, ideal-shaped and natural-shaped wings shows the
benefits and detriments of various wing shapes for gliding and flapping flight. The review expands
on the function of three-dimensional wing structure, on the specific role of wing corrugation for
vortex trapping and lift enhancement, and on the aerodynamic significance of wing flexibility for
flight and body posture control. The presented comparison is mainly concerned with wings of flies
because these animals serve as model systems for both sensorimotor integration and aerial
propulsion in several areas of biology and engineering.
Keywords: locomotion; animal flight; wing structure; aerodynamics; flight force

1. Introduction
Insect wings are complex, three-dimensional structures that are under selective pressures
towards functional optima. These optima result from multiple requirements, and also from
evolutionary influences relevant to the animal’s fitness. Wings have mainly evolved for locomotion
and produce aerodynamic forces during gliding and flapping flight at high wing beat frequencies of
up to 1000 Hz [1]. The air flows generated for flight mainly depend on wing kinematics, the wing’s
overall planform, and the dynamics of elastic deformation owing to inertial and aerodynamic
loading. Pinpointing the factors that shape the evolution of wings and flapping kinematics is key to
any in-depth understanding of flight. Within the past decades, numerous comprehensive reviews
and book chapters have been published on insect flight, focusing on components such as
aerodynamic mechanisms for lift enhancement [2–11], power requirements for wing flapping
[12–15], wing kinematics and control [16–21], and the efficiency with which muscle mechanical
power is turned into weight supporting lift [22,23]. This review is engaged in the link between
three-dimensional wing structure and aerodynamics, focusing on recently published studies on the
aerodynamic performance of wings in differently-sized insects. The review highlights the behavior
of wings in flies because these animals often serve as model systems for aerial propulsion in both
biology and engineering.
Insect wings receive their mechanical strength and endurance from two main components: on
the microscopic level, the three-dimensional composition of proteins and chitin-based cuticle layers
[24–27], and on the macroscopic level, the distribution and three-dimensional morphology of veins
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and elastic interconnecting membranes [28–33]. This light-weight design helps insect wings to
widely resist external forces using chitin as the main chemical component [34]. Veins greatly vary in
density, size, and shape between animal species and determine the wing’s structure and mechanical
behaviors under load, such as bending and twisting [29,35–39]. Veins provide structural support to a
wing, preventing the wing from tear [40,41] and host sensory receptors such as campaniform sensilla
and innervated bristles, including their afferent nerves [42–47]. By contrast, wing membranes are
aerodynamic active surfaces and composed of multiple layers of cuticle [25,27,48] with a thickness
ranging from ~0.5 µm in small insects to ~1.0 mm in forewings (elytra) of large beetles [28,49]. Veins
and membranes form fine geometrical structures that are typically of much smaller scale than the
primary flow structures at wings, such as wing tip and leading edge vortices, and referenced as
wing corrugation [50]. Coarse-scale structures, by contrast, typically refer to the wing’s overall
curvature and termed chordwise and spanwise wing camber [51]. Throughout the past decades,
several technical developments, such as high-resolution micro-computed tomography (μCT), have
helped to better understand the various aspects of wing morphology for structural integrity [27,52],
while robotic and numerical studies on insect flight have highlighted the aerodynamic significance
of three-dimensional wing design [53–57].
Numerous studies have been published on the aerodynamic performance of translating [58–66]
and root-flapping rigid wings [8,67–74]. The aerodynamics of dynamically deforming insect wings,
by contrast, is less clear. Wing bending and twisting change the wing’s local angle of attack during
flapping motion. Wing bending and twist is thus similar to changes in wing kinematics and change
flow and force production. Wings may have an anisotropy in mean stiffness for ventral versus dorsal
loading that unbalances force production during upstroke and downstroke, even in cases in which
wing hinge articulation is the same in both halfstrokes [27,37,75]. Moreover, as spanwise stiffness in
insect wings is approximately one to two orders of magnitude larger than chordwise stiffness, wings
often deform in a characteristic fashion [37,76]. There is a continuing debate on the potential benefits
of dynamic shape changes in flapping flight because some authors reported aerodynamic
advantages of wing deformation for lift production [77–80], while other authors found
disadvantages [80–82].
In this review, we work out the significance and tradeoffs of wing design for aerodynamic key
parameters such as vortex development and lift production. This is achieved by disassembling the
wing’s various properties and linking the components in wing structure to aerodynamics, power
consumption and flight efficiency. The sections start with flow phenomena in a simple, flat,
rectangular wing. In the second section, we focus on the benefits of elliptical and tapered wing
shapes as found in many species, including flies. This section also highlights that even simple
genetic modifications of fly wing planforms lead to measurable changes in aerodynamic
performance. In the third section, we consider the wing’s three-dimensional morphology. A recent
numerical study, for example, showed that the three-dimensional shape of rigid fly wings attenuates
both lift production and aerodynamic efficiency rather than enhancing these measures compared to
a flat wing [83]. In the last section, we focus on the aerodynamic consequences of elastic deformation
in morphological complex wings. Although elastic wings share similar fluid dynamic properties
with rigid wing, an animal must cope with the dynamically changing conditions because these
changes may attenuate the ability and precision of flight and body posture control.
2. Aerodynamic Properties of Root-Flapping Rectangular Wings
Rigid, flat, rectangular wings are often used to understand fundamental aerodynamic
principles and represent the most simple approach towards insect flight [84] (Figure 1). They are
investigated at different kinematic patterns such as revolving [85–87] and pitching motions [88–91].
Most studies though focused on the dynamics of the leading edge vortex that develops on the upper
wing side at high angle of attack [8,72,92–100]. In contrast to a translating wing at high Reynolds
number, the leading edge vortex in root-flapping and revolving insect wings is stably attached to the
dorsal wing surface and enhances lift throughout the stroke cycle [72,92,101]. It obtains its stability
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from the viscosity of air and axial flow between wing hinge and wing tip [102,103]. Although a
rectangular root-flapping plate produces all characteristic types of vortices and flows typical for
insect wings, it suffers from low span efficiency compared to an elliptically shaped insect wing. Span
efficiency is similar to Rankine–Froude efficiency, which typically refers to mean efficiency of
propulsion in a complete wing flapping cycle of an animal during hovering conditions [104,105]. By
contrast, instantaneous span efficiency varies during wing flapping and is the ratio between ideal
power requirements for lift production and the actual requirements [106]. Span efficiency is
maximum when the distribution of vertical velocities is uniform in the wing’s downwash [107,108].
Under this condition, the kinetic energy of the downwash is minimal owing to the non-linear,
velocity-squared relationship between kinetic energy and wake velocity. If velocities vary within the
wake, the velocity-squared relationship produces costs at elevated velocities that are not saved by
the regions with low fluid velocities (Figure 2).
A pair of translating, flat wings has maximum span efficiency if it produces an elliptical lift
distribution from tip to tip (Figure 2b) [109]. Span efficiency depends on the geometry of a wing, i.e.,
planform and camber, and its kinematics, but not on the wing's aspect ratio and wing loading [107]. In
general, the left and right wing of a two-winged insect can either be considered a single aerodynamic
system or both wings may function as two aerodynamically independent systems. In the first case,
each wing should have a semi-elliptical shape that results in an ellipse if both wings are connected via
the insect body, where as in the second case each wing should have an elliptical shape for maximum
span efficiency. Both geometrical cases yield higher span efficiency than a translating rectangular wing
with same aspect ratio, and are thus beneficial for gliding flight of an insect. However, this conclusion
only holds if the wings are flat and not twisted because an appropriate twist of a rectangular wing may
equalize the downwash distribution via changes in local angle of attack.

Figure 1. Characteristics of fly wings. (a) Detached wing of the blowfly Calliphora vomitoria, mounted
to a steel holder. (b) Deformation of a blowfly wing (green) during loading by a ~64 µN point force
(white dot) applied normal to the ventral wing side (arrow) [75]. Grey, surface profile without load.
(c–e) Spanwise and chordwise wing profiles along the axes of rotation in three differently-sized fly
species (Drosophila melanogaster, Musca domestica, Calliphora vomitoria). The wing profiles are
superimposed on natural wing models (grey). The profiles separately show wing camber (Cam) and
wing corrugation (Cor). Both wing components were numerically extracted from the natural wing
shape (Nat) according to a procedure outlined in Engels et al. [83]. The out-of-plane component (z)
is exaggerated by a factor of 2 for better clarity.
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Figure 2. Ideal distribution of spanwise lift in translating and revolving wings. Distribution of
vertical downwash velocity during translation in an (a) rectangular and (b) elliptical insect wing. At
constant forward flight velocity, the inflow towards the wing is uniform. The ideal elliptical wing
shape spreads spanwise vorticity that produces maximum span and Rankine–Froude efficiencies.
(c) In a revolving wing, the non-uniform inflow requires adjustments in wing shape for maximum
efficiency. (d) Distribution of spanwise circulation in an elliptical wing according to Prandtl [109],
Betz [110] and Goldstein [111]. (e) Ideal wing shape for maximum span efficiency in a revolving
wing according to Prandtl–Betz and Goldstein (see Supplementary Materials).

In contrast to translating wings, in revolving and root-flapping wings, local blade velocity
increases with increasing distance from root to tip, producing a non-uniform inflow distribution
(Figure 2c). This changes the ideal, root-to-tip elliptical distribution in circulation (Figure 2d). Thus,
an elliptical wing does not produce a uniform downwash distribution during revolving or
root-flapping motion, requiring an eccentric planform for maximum span efficiency. Betz, Prandtl
and Goldstein [110–112] estimated the optimal distribution of circulation in flat propeller wings,
assuming flow leakages at the tip and root and thus zero circulation at the revolving axis (Figure 2c).
Based on their results, we estimated the optimal wing shape in Figure 2e and for the calculations in
Figure 3 (see Supplementary Materials). In contrast to Betz and Prandtl, Nabawy and Crowther
[113–115] derived the optimal wing shape of two revolving wings assuming the elliptical circulation
distribution of a pair of translating wings, with maximum circulation at the revolving axis. In this
theoretical case, wing chord must continuously increase from wing tip to root in order to
compensate for the drop in inflow velocity, leading to an “optimum” wing shape [114,115].
However, the latter design cannot produce a uniform downwash as in Prandtl–Betz’s estimate. In
sum, the expected lower span efficiency in a rectangular wing may have fueled the evolution of
elliptical insect wings for gliding flight. The expected lower span efficiency of elliptical wings during
wing flapping, by contrast, might have led to the development of wing shapes that taper off towards
the wing tip. Besides numerous biological pressures on wing planform development, it should be
noted that span efficiency is only one aerodynamic factor that determines the costs of wing flapping
as other costs such as inertial power requirements may also significantly contribute to total flight
power expenditures [116].
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3. The Aerodynamic Benefits of an Ideal Planform
Wing shape in insects is diverse. Significant shape measures are aspect ratio and the wing’s
planform. High aspect ratio wings minimize induced drag and provide high lift-to-drag ratios by
reducing the three-dimensional flow effects associated with tip vortices [117]. Aspect ratio also
determines the stability of the leading edge vortex during wing flapping [117]. There is a wide
variety of aspect ratios found in insect wings ranging from approximately 1.5 to 5.8 [118–122]. In
Diptera, previous studies reported aspect ratios of 2.91–3.14 for Drosophila [121,122], 2.88 for Musca
[83], and 2.62–2.93 for Calliphora [119,121]. The highest aerodynamic forces in hovering,
root-flapping insect-like wings are produced at an aspect ratio of approximately 3.0 [123]. As already
mentioned, wing planform determines both the ability of a wing to produce lift and the span
efficiency. Span efficiency for a gliding wing typically varies between 0.7 and 0.85 [106] and previous
studies on animal locomotion thus used a standard generic value of 0.83 [108]. The latter value is
comparatively close to the maximum efficiency of an ideal wing with elliptical shape for translation
and is not reached for root flapping wings at low advance ratios.
Flow measurements in differently-sized moths, for example, show that span efficiency in
flapping flight is much smaller and varies between species. As the tested moth species had wings
with similar aspect ratio and planform, there is no trend in span efficiency with increasing body size
[108]. Lowest efficiency of 0.31 was measured in the smallest moth species Hemaris fuciformis with 0.2
g body mass, 0.6 in the intermediate-sized species Deilephila elpenor and with 0.85 g body mass and
0.46 in the largest species Manduca sexta with 1.44 g body mass [108]. These data imply that the
generic value of 0.83 might not be a suitable approximation in flying insects. Eventually, butterfly
wing planforms, in particular, produce elevated lift and thrust coefficients compared to any other
planforms [124]. In these species, the coefficients of force production increase with increasing taper
ratio and aspect ratio. This increasing performance, however, occurs at the cost of increasing power
requirements for flight and thus at the cost of a reduction in aerodynamic efficiency [124].
For this review, we additionally calculated the aerodynamic quantities of revolving (Figure 3)
and flapping (Figure 4) wings of a blowfly, as well as simple rectangular and ideal-shaped wings in
order to compare their performance. The ideal wing shape was calculated according to the
estimation by Prandtl–Betz in Figure 2e. The numerical simulations were performed using a
previously published numerical model [83,125] combined with a wavelet-adaptive solver [126], and
efficiency was calculated as Rankine–Froude efficiency [127]. Table 1 shows that revolving
rectangular and fly wings perform similarly, producing approximately the same amount of lift. The
fly wing, however, produces this force at slightly higher efficiency (0.23) compared to a rectangular
wing (0.22). Both values are approximately half of the values calculated from quasi-steady approach
on flapping insects wings [128]. Surprisingly, an ideal-shaped wing for rotation is less effective
because most wing area is concentrated at the wing base where the wing’s inflow velocity is low.
The ideal-shaped wing produces ~52% less lift at ~29% less efficiency than rectangular and natural
fly wings (Table 1).
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Figure 3. Aerodynamics of revolving wings. (a–c) Upper row: aerodynamic characteristics of three
flat, continuously revolving wings (rectangular wing, ideal wing for rotation, wing of a blowfly).
Middle row: data show iso-surface with vorticity magnitude of 75 s−1 (grey) superimposed on a
vorticity iso-surface with 150 s−1 (red). The flow is shown after ~0.4 revolutions after motion onset.
Lower row: pressure difference (Δp *) between dorsal and ventral wing sides, and normalized to the
uniform wing loading pressure. The latter value is equal to body weight divided by the surface area
of two wings. (d–e) Time evolution of vertical lift in d and aerodynamic power in e. After motion
onset (grey, left), lift and power stabilize approximately after 0.3 revolutions (grey, right). Dots are
mean values calculated from ~0.32–~0.5 revolutions (grey, right). Wing length and area are identical
in all wings. For numerical modeling see [83]. Orange, rectangular wing; blue, wing of Calliphora
vomitoria; and red, ideal-shaped wing.
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Figure 4. Evolution of vorticity in a flapping rectangular (left) and blowfly (right) wing. (a–g)
Vorticity distribution at the beginning of the 3rd flapping cycle (t = 0–1) after motion onset. Vorticity
of a flapping wing of Calliphora vomitoria slightly differs from the flow in the rectangular wing. Data
show iso-surface with vorticity magnitude of 75 s−1 (semi-transparent grey) superimposed on a
vorticity iso-surface with 150 s−1 (red). LEV, leading edge vortex; TEV, trailing edge vortex; TIV,
wing tip vortex. For performance data and wing kinematics confer to table 1 and a previously
published study [83], respectively. Wing length and area are identical in both wings.
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Table 1. Aerodynamic characteristics of single wings with various shape during revolving and
flapping motion. Wing shapes are shown in Figures 1–3.
Kinematics
Revolving 1
Revolving 1
Revolving 1
Flapping 2
Flapping 2
Flapping 2

Property
Vertical force (μN)
Paero (μW)
Efficiency
Vertical force (μN)
Paero (μW)
Efficiency

Rectangular Wing
471
1696
0.22
479
2340
0.27

Ideal Wing
215
724
0.16
n.a.
n.a.
n.a.

Fly Wing
431
1434
0.23
458
2361
0.25

Data are calculated by a three-dimensional numerical simulation model that was refined from a
previously published code (https://arxiv.org/abs/1912.05371). All tested wings have similar area (28.0
mm2) and length (9.76 mm), and were flat without corrugation and camber. Mean vertical force was
derived from t = ~0.32 to t = 0.5 revolutions after motion onset in the revolving wing, and from the
3rd flapping cycle in flapping wings. Efficiency, Froude efficiency for wing flapping [127]; n.a., no
data available. Reynolds number is calculated from mean wing tip velocity and mean wing chord.
1 Horizontal stroke plane, 112 Hz, 40° angle of attack, Reynolds number = 1320. 2 Inclined stroke
plane (−20°, nose-down), 40° angle of attack during upstroke, 20° angle of attack during downstroke,
0.22 cycle for wing rotation, 150 Hz stroke frequency, Reynolds number = 1320 [83].

Adding kinematic reversals to the revolving kinematic pattern (flapping motion) has little effect
on the performance of a rectangular and natural fly wing (Table 1). However, the time evolution of
lift production suggests that a rectangular wing produces more lift during up- and downstroke than
the fly wing, while the fly wing produces more lift during the stroke reversals.
Although aerodynamic force production changes with changing wing planform, there is little
variation in the wake behind wings with different geometry [129,130] (Figure 4). This is
demonstrated by the pressure distribution of differently-shaped wings in Figure 3 and by
experimental investigations on different categories of elliptic wing planforms with same aspect ratio
and total area at Reynolds numbers typical for wing motion in flying insects between 160 and 3200
[130]. The latter study suggests that wake structure mainly depends on shape of the wing’s leading
edge rather than planform. The authors argue that the leading edge shape determines the shear layer
feeding the leading edge vortex, and thus the development of leading edge vortices and the
associated flow topology [131]. Similar results are reported on mosquito flight using computational
fluid mechanics and in vivo flow measurements [94]. The latter study shows that apart from leading
edge vortices, also trailing edge vortices and rotational drag are responsible for elevated lift
production. This was concluded from the low-pressure distribution on the suction side of the wing
near the trailing wing edge. The wing planform of fruit flies, by contrast, does not produce similar
low pressure regions although both insects fly at similar Reynolds numbers [94].
In general, researchers often assume that the specific wing shape of an insect species is close to
an optimum, reflecting the result of a selection process on the animal’s aerial performance. A unique
approach toward the aerodynamic consequences of wing planforms in flies, however, implies that
wing shape also results from aerodynamically non-adaptive factors [47]. Flight tests on fruit flies
with genetically modified wing shape using targeted RNA interference demonstrate that wildtype
controls, with wing aspect ratios of ~2.5, have a reduced flight capacity compared to transgene
animals with wings at aspect ratios between ~2.7 and ~3.0 [47]. While maximum forward flight
speed does not increase with increasing aspect ratio, the transgene flies exhibit ~22% improved
tangential acceleration and an ~10% improved deceleration capacity, they turned at higher angular
rate (~10 – ~21%) and at an ~23% smaller turning radius than controls. The results suggest that in
fruit flies, an increasing aspect ratio leads to an increase in agility and maneuverability. Notably,
even if the GAL4-induced RNA interference selectively tackled wing shape, the above findings
could also be explained by behavioral modifications because the maximum mechanical power
output of the indirect flight muscles were thought to be similar in both tested groups [47].
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4. Functional Relevance of Three-Dimensional Wing Shape
There is a longstanding debate on the functional relevance of three-dimensional wing shape
compared to a flat wing design. It is widely accepted that the wing’s three-dimensional corrugation
serves as a mechanical design element to improve stiffness and thus to avoid excessive wing
deformation during flight [28,132–134]. Its potential contribution to aerodynamic lift and drag
production, by contrast, is less clear and apparently depends on the chosen approach for analysis. The
majority of previously published studies used numerical or physical wing models at various Reynolds
numbers for analysis and reported that wing corrugation either improves aerodynamic performance
[56,58,65,66,118,135–137] or attenuates performance [56,59,65,66,134,137–139]. Other studies that
reported little or no effect of corrugation on wing performance in beetles [55], dragonflies [140],
bumblebees [141], hoverflies [142], and fruit flies [50] at Reynolds numbers between 35 and 34,000.
Some studies, moreover, also reported inconsistent results on the significance of wing corrugation in
dragonflies [63,64,143,144], bumblebees [54], and a generic model [59].
Although corrugation may change local wing pressure, the difference of lift and drag
coefficients between corrugated and flat wings is typically not more than 5% for both lift and drag
for angles of attack between 35° and 50° [141], and 17% for drag at low Reynolds number of 200 and
5° angle of attack [50]. A likely explanation for the latter findings is that corrugation is usually
smaller than the typical flow structures at the wing, such as the leading-edge vortex and the area of
flow separation. Thus small-scale corrugation produces only small local changes in both flows at the
wing and aerodynamic forces [50]. As the size of flow structures depends on Reynolds number,
corrugation structures should be coarser in small insect wings than in larger wings for pronounced
wing-vortex interaction. In contrast to small-scale corrugation, large-scale chordwise wing camber
has a pronounced effect on aerodynamics characteristics of a wing [54,55]. Upward camber and a
downward oriented leading wing edge tend to create more lift than a flat wing flapping at similar
angle of attack. Chordwise camber and the shape of the leading edge are thus comparable to a
change in the effective angle of attack of an insect wing [56,83].
There is little difference in flow patterns between flat and three-dimensional fly wings but
vortices and stagnant air cushions that are trapped in corrugation valleys of a wing may potentially
improve lift production by changes in wing’s effective geometry [61,135]. Evidence for trapped
vortices were experimentally found in wings moving at relatively high Reynolds number [63,64],
including an aerodynamic study that demonstrated vortex trapping at the wing’s acceleration phase
and at Reynolds numbers ranging from 34,000 to 105, but not at 3500 [140]. The latter value is at the
upper end of Reynolds numbers typical for flying insects. Studies that did not find vortex trapping
attributed the absence to the elevated angle of attack in insect wings [55]. In corrugated wings of
gliding dragonflies, slowly rotating vortices only develop at small angles of attack but flow broadly
separates from the wing surface at larger angles (Re = 34,000 [53], Re = 1400 [136]). By contrast, a
recent numerical study on root-flapping wings shows that corrugation valleys in fruit flies, house
flies, and blowflies are unable to trap vortices at Reynolds numbers up to 1623 (Figure 5) [83]. Thus,
small-scale corrugation, low Reynolds number, spanwise flow advecting vorticity and high angle of
attack make vortex trapping less likely in flapping insect wings. Trapped flows should thus be
considered as an exception rather than a common aerodynamic phenomenon in insect flight [134].
Aerodynamic studies on fly wings with genetically modified corrugation and camber patterns
are missing and thus is the exact significance of wing corrugation in flies for aerodynamic
performance and efficiency. This difficulty was recently circumvented by a numerical study using
computational fluid dynamics on three differently-sized fly species (Drosophila melanogaster, Musca
domestica, and Calliphora vomitoria) [83]. The wing models were reconstructed from high-resolution
scans [75] and corrugation and camber numerically removed afterwards. The study allowed a direct
comparison of air flow structures, force production, power requirements, and propulsion efficiency
of a natural, cambered, corrugated and flat wing design. The findings suggest that
three-dimensional corrugation of fly wings has no significant effect on mean aerodynamic force
production compared to a flat wing at the tested Reynolds numbers for wing motion between 137
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and 1623 [83]. This result is consistent with a previous study on bumblebee model wings that
reported less than 5% change in aerodynamic force production of four differently-corrugated wings
[141]. Our data, instead, suggest that corrugation may alter the temporal distribution of forces
within the stroke cycle.
The three-dimensional camber of rigid fruit fly-, housefly-, and blowfly-wings also has no
significant benefit for lift production but attenuates Rankine-Froude flight efficiency by up to ~12%
compared to a flat wing [83]. This is different from previous findings on deforming wings in
hoverflies, which is discussed in chapter 5 [145]. The computed flight efficiencies in rigid wings of
17–23% were somewhat below the experimentally derived estimates that range from 26–32% in
various species of fruit flies to 37–55% in large crane flies, beetles and bees [23]. A potential
explanation for this discrepancy is that many of the experimental studies used Ellington’s
quasi-steady model for flight power [128], while the numerical model solved the Navier–Stokes
equations for fluid motion. Altogether, the above results make it more likely that 3-dimensional
corrugation and camber have been selected according to mechanical rather than aerodynamic
constraints. Even though there are some energetic costs for wing flapping associated with
three-dimensional wing shape, the increased stiffness and change in force distribution in corrugated
and cambered insect wings might be of advantage during elevated wing loading—conditions that
occur during maneuvering and flight under turbulent environmental conditions.

Figure 5. Flow pattern produced by natural wing models of three fly species. Color-coded
instantaneous streamlines in (a) Drosophila, (b) Musca, and (c) Calliphora. Snapshots are taken at 1.3
(Drosophila) and 3.3 stroke cycle (Musca, Calliphora) after motion onset in natural wings [83].
Streamlines were computed from particles released in the corrugation valleys of the dorsal (upper)
wing surface near the leading wing edge. Data show little spanwise vorticity inside the corrugation
valley near the surface (arrows) and leading-edge vortex suction pulls the virtual particles away
from the surface.

5. Wing Stiffness and Benefits of Elastic Wing Deformation
Wing joints, the cuticular composition of proteins and chitin fibers, and elastic proteins such as
resilin allow wings to elastically deform during flapping motion in response to inertial and
aerodynamic loads [24,146–156]. Elastic wing deformation alters flight in two ways: first, it smooths
out and thus lowers sudden acceleration of local wing mass, and consequently maximum
instantaneous inertial costs [116,157–159], and second, it changes flow conditions due to changes in
local angle of attack, and thus the direction of flow [79,160]. In hoverflies, these effects appear to be
negligible, as the time courses of lift, drag and aerodynamic power are similar in deforming (camber
deformation, spanwise twisting) and rigid flat-plate wings [145]. Part of the potential energy stored
in a deformed wing might not be elastically recycled throughout the stroke cycle, which results in
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plastic deformations and stress on the cuticle [161]. Moreover, the energy loss stresses the total
energy budget for flight and thus leads to a reduction of propulsion efficiency. Measurements in
wings of fruit flies, house flies and blowflies suggest that only 77–80% [161] and 87–93% [75] of the
elastic potential energy is recycled during a full deformation–relaxing cycle. However, the
significance of the relative loss in elastic potential energy depends on how much the wing deforms
during flight. For example, at the end of each half stroke, aerodynamic and added mass reaction
force partly cancel out wing mass-induced moments [161]. Total elastic potential energy is thus
small at the end of upstroke and downstroke, and so is energy loss. Consequently, the elastic
structures of the wing may not be able to recycle much kinetic energy gained from a preceding half
stroke and thus contribute only slightly to the recycling of kinetic energy at the stroke reversals. By
contrast, a larger amount of elastic potential energy is stored at the beginning of each half stroke and
subsequently released throughout the wing translation phase in flies [161].
To avoid wing bending at elevated wing loading, spring and flexural stiffness of insect wings
typically increase with increasing body size [29]. This finding also holds for fruit flies, house flies
and blowflies, in which median spring stiffness along an aerodynamic characteristic beamline is
~0.024, 0.63, and 1.76 Nm−1, and median flexural stiffness is 4.86 × 10−11, 9.73 × 10−9, and 1.33 x 10−7
Nm2, respectively [75]. Due to these elevated stiffness values, fly wings deform only little in
spanwise direction during wing flapping. Nevertheless, the distribution of local spatial stiffness in
fly wings varies between species. In response to point loads at 11 characteristic points on the wing
surface, for example, the average spring stiffness of bending lines between wing hinge and point
load varies ~77-fold in fruit flies and ~44-fold in house flies but only ~28-fold in large blowflies [75].
This suggests that wings of larger flies behave more like a homogenous material with uniform
thickness compared to smaller flies. As this property determines how inertial and aerodynamic
forces deform a flapping wing, the stiffness variability could reflect the differences in local
aerodynamic forces in different species.
Besides elastic energy recycling, dynamic deformations in span- and chordwise direction alter
the wing’s aerodynamic performance throughout the stroke cycle [162–164] and may help to
stabilize flight [165]. Findings on the aerodynamics of flexible wings have recently been summarized
in a comprehensive review [5]. For example, Du and Sun [145] found that camber deforming and
spanwise twisting wings of hoverflies produce ~10% more lift at ~17% less aerodynamic power
expenditures than a flat rigid wing. The authors suggest that this benefit in lift production is mainly
caused by the dynamic changes in wing camber, while the difference in power is mainly due to
spanwise twist [145]. More lift at reduced costs results in an increase in flight efficiency, which in
turn reduces the metabolic cost for wing flapping and may eventually enhance the animal’s fitness.
Notably, this conclusion runs counter to the study on rigid fly wings that found a decrease in
Rankine–Froude efficiency in cambered compared to flat wings (see chapter 4) [83]. Other examples
on the significance of dynamic camber and spanwise twist include beetles and moths. Owing to
force-induced deformation, wing camber in beetles is inverted (downward camber) during the
upstroke that improves aerodynamic performance compared to a non-deforming wing [55].
Aerodynamic details of wings with different geometry including twist, leading edge details, and
camber in hawkmoth-like revolving wings [86] show that flow separation at the leading edge
prevents leading-edge suction and thus allows a simple geometric relationship between forces and
angle of attack. The force coefficients in these experiments appear to be remarkably invariant against
alterations in leading-edge detail, twist and camber. In general, our knowledge on the aerodynamic
significance of three-dimensional wing structure and flexing in insect flight is still limited and
largely stems from studies on simplified flight models such as two-dimensional computational
simulations, rectangular flat wing planforms, simplified three-dimensional extrusions of
two-dimensional profiles, and also from work at inappropriately large Reynolds number
[54,58,59,65,118,135,136,138].
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6. Conclusions
In conclusion, wings of insects and wings of flies (in particular) are complex, three-dimensional
body appendages with elevated spanwise and comparatively little chordwise stiffness. Their tapered
shape improves span efficiency during root-flapping but genetic modifications of wing shape has
questioned that the current shape solely results from a evolutionary selection process towards
maximum aerodynamic performance [47]. The three-dimensional corrugation pattern of veins and
membranes forms valleys that channel axial flow components, following the pressure gradient from
the wing hinge to the tip, but does not trap vortices for lift-enhancement as previously suggested for
the more corrugated wings of dragonflies [28,61,83,135]. Fly wings also have the ability to store elastic
potential energy during wing deformation, but analyses using static loadings suggest that up to ~20%
of this energy might be lost due to plastic or viscoelastic deformation. Nevertheless, the exact benefits
of three-dimensional wing design for locomotor capacity, flight efficiency and body posture control in
insects are still under debate [166]. These data, however, are highly welcome not only by biologists
working on insect flight, but also by engineers working in the area of bionic propulsion and on the
development of the next generation of man-made flapping devices.
Supplementary Materials: Detailed descriptions on the calculation of spanwise circulation and wing shape in
revolving wings are available online at www.mdpi.com/2075-4450/11/8/466/s1.
Author Contributions: S.K. prepared an early draft of the review; M.C. calculated the ideal wing profile for a
rotating wing; T.E. performed the numerical calculations; H.-N.W. revised the draft and prepared references;
F.-O.L. improved the manuscript. All authors equally contributed to editing of this review. All authors have
read and agreed to the published version of the manuscript.
Funding: This research received no external funding.
Acknowledgments: The authors thank the referees for their helpful comments on this manuscript.
Conflicts of Interest: The authors declare no conflicts of interest.

References
1.
2.
3.
4.
5.
6.
7.
8.
9.
10.
11.
12.

13.
14.

Sotavalta, O. The flight-tone (wing stroke frequency) of insects. Acta Entomologica Fenn. 1947, 4, 1–117.
Chin, D.D.; Lentink, D. Flapping wing aerodynamics: from insects to vertebrates. J. Exp. Biol. 2016, 219,
920–932.
Liu, H.; Ravi, S.; Kolomenskiy, D.; Tanaka, H. Biomechanics and biomimetics in insect-inspired flight
systems. Phil. Trans. R. Soc. Lond. B 2016, 371, 20150390.
Wang, Z.J. Insect flight: from Newton's law to neurons. Ann. Rev. Condens. Matter Phys. 2016, 7, 281–300.
Shyy, W.; Kang, C.-k.; Chirarattananon, P.; Ravi, S.; Liu, H. Aerodynamics, sensing and control of
insect-scale flapping-wing flight. Proc. Roy. Soc. Lond. A 2016, 472, 20150712.
Shyy, W.; Lian, Y.; Tang, J.; Viieru, D.; Liu, H. Aerodynamics of low Reynolds number flyers; Cambridge
University Press: Cambridge, 2008.
Lehmann, F.-O. The mechanisms of lift enhancement in insect flight. Naturwissenschaften 2004, 91, 101–122.
Lehmann, F.-O. When wings touch wakes: understanding locomotor force control by wake–wing
interference in insect wings. J. Exp. Biol. 2008, 211, 224–233.
Sane, S. The aerodynamics of insect flight. J. Exp. Biol. 2003, 206, 4191–4208.
Wang, Z.J. Dissecting insect flight. Annu. Rev. Fluid Mech. 2005, 37, 183–210.
Salami, E.; Ward, T.A.; Montazer, E.; Ghazali, N.N.N. A review of aerodynamic studies on dragonfly
flight. J. Mech. Eng. Sci. 2019, 233, 6519–6537.
Vishnudas, V.; Vigoreaux, J.O. Sustained high power performance: possible strategies for integrating
energy supply and demands in flight muscle. In Nature's Versatile Engine: Insect Flight Muscle Inside and
Out, Vigoreaux, J.O., Ed. Springer: New York, 2006; p. 288, doi:10.1007/0-387-31213-7_15.
Lehmann, F.-O. Muscle Systems design and integration. In Nature's versatile engine: Insect flight muscle inside
and out, Vigoreaux, J.O., Ed. Landes Bioscience: Georgetown, 2006; pp. 230–239.
Ellington, C.P. Limitations on animal flight performance. J. Exp. Biol. 1991, 160, 71–91.

Insects 2020, 11, 466

15.
16.
17.
18.
19.
20.
21.
22.
23.
24.
25.
26.
27.
28.
29.
30.
31.

32.

33.
34.
35.
36.
37.
38.
39.
40.
41.
42.

13 of 18

Lehmann, F.-O.; Bartussek, J. Neural control and precision of flight muscle activation in Drosophila. J.
Comp. Physiol. A 2016, 1–14, doi:10.1007/s00359-016-1133-9.
Sane, S.P. Neurobiology and biomechanics of flight in miniature insects. Curr. Opin. Neurobiol. 2016, 41,
158–166.
Lehmann, F.-O. Neural control and precision of spike phasing in flight muscles. J. Neurol. Neuromedicine
2017, 2, 15–19, doi:10.29245/2572.942X/2017/9.1153.
Bomphrey, R.J.; Godoy-Diana, R. Insect and insect-inspired aerodynamics: unsteadiness, structural
mechanics and flight control. Curr. Opin. Insect. Sci. 2018, 30, 26–32.
Sun, X.; Gong, X.; Huang, D. A review on studies of the aerodynamics of different types of maneuvers in
dragonflies. Arch. Appl. Mech. 2017, 87, 521–554.
Taylor, G.K. Mechanics and aerodynamics of insect flight control. Biol. Rev. 2001, 76, 449–471.
Dickinson, M.H.; Muijres, F.T. The aerodynamics and control of free flight manoeuvres in Drosophila. Phil.
Trans. R. Soc. Lond. B 2016, 371, 20150388, doi:10.1098/rstb.2015.0388.
Ellington, C.P. Power and efficiency of insect flight muscle. J. Exp. Biol. 1985, 115, 293–304.
Lehmann, F.-O. The efficiency of aerodynamic force production in Drosophila. Comp. Biochem. Physiol. A
2001, 131, 77–88.
Vincent, J.F.V.; Wegst, U.G.K. Design and mechanical properties of insect cuticle. Arthropod. Struct. Dev.
2004, 33, 187–199, doi:10.1016/j.asd.2004.05.006.
Song, F.; Xiao, K.W.; Bai, K.; Bai, Y.L. Microstructure and nanomechanical properties of the wing
membrane of dragonfly. Mat. Sci. Eng. A 2007, 457, 254–260, doi:10.1016/j.msea.2007.01.136.
Wang, X.-S.; Li, Y.; Shi, Y.-F. Effects of sandwich microstructures on mechanical behaviors of dragonfly
wing vein. Comp. Sci. Tech. 2008, 68, 186–192.
Ma, Y.; Ren, H.; Ning, J.; Zhang, P. Functional morphology and bending characteristics of the honeybee
forewing. J. Bionic. Eng. 2017, 14, 111–118, doi:10.1016/s1672-6529(16)60382-7.
Rees, C.J.C. Form and function in corrugated insect wings. Nature 1975, 256, 200–203.
Combes, S.A.; Daniel, T.L. Flexural stiffness in insect wings I. Scaling and the influence of wing venation. J.
Exp. Biol. 2003, 206, 2979–2987.
Ennos, A.R. Comparative functional morpholoy of the wings of Diptera. Zool. J. Linn. Soc. 1989, 96, 27–47.
Rajabi, H.; Rezasefat, M.; Darvizeh, A.; Dirks, J.H.; Eshghi, S.; Shafiei, A.; Mostofi, T.M.; Gorb, S.N. A
comparative study of the effects of constructional elements on the mechanical behaviour of dragonfly
wings. Appl. Physics A 2016, 122, 19, doi:10.1007/s00339-015-9557-6.
Rajabi, H.; Shafiei, A.; Darvizeh, A.; Dirks, J.-H.; Appel, E.; Gorb, S.N. Effect of microstructure on the
mechanical and damping behaviour of dragonfly wing veins. R. Soc. Open Sci. 2016, 3, 160006,
doi:10.1098/rsos.160006.
33. Sunada, S.; Zeng, L.; Kawachi, K. The relationship between dragonfly wing structure and torsional
deformation. J. Theor. Biol. 1998, 193, 39–45.
Meyers, M.A.; Chen, P.-Y.; Lin, A.Y.-M.; Seki, Y. Biological materials: structure and mechanical properties.
Prog. Mat. Sci. 2008, 53, 1–206.
Wootton, R.J. Support and deformability in insect wings. J. Zoo. Lond. 1981, 193, 447–468.
Wootton, R.J. The mechanical design of insect wings. Sci. Am. 1990, 263, 114–121.
Combes, S.A.; Daniel, T.L. Flexural stiffness in insect wings II. Spatial distribution and dynamic wing
bending. J. Exp. Biol. 2003, 206, 2989–2997.
Combes, S.A.; Daniel, T.L. Into thin air: contributions of aerodynamic and intertial-elastic forces to wing
bending in the hawkmoth Manduca sexta. J. Exp. Biol. 2003, 206, 2999–3006, doi:10.1242/jeb.00502.
Appel, E.; Heepe, L.; Lin, C.-P.; Gorb, S.N. Ultrastructure of dragonfly wing veins: composite structure of
fibrous material supplemented by resilin. J. Anat. 2015, 227, 561–582, doi:10.1111/joa.12362.
Dirks, J.-H.; Taylor, D. Veins improve fracture toughness of insect wings. PLoS ONE 2012, 7,
doi:10.1371/journal.pone.0043411.
Rajabi, H.; Darvizeh, A.; Shafiei, A.; Taylor, D.; Dirks, J.-H. Numerical investigation of insect wing fracture
behaviour. J. Biomech. 2015, 48, 89–94.
Agrawal, S.; Grimaldi, D.; Fox, J.L. Haltere morphology and campaniform sensilla arrangement across
Diptera. Arthropod. Struct. Dev. 2017, 46, 215–229.

Insects 2020, 11, 466

43.
44.
45.
46.
47.
48.
49.
50.
51.
52.
53.
54.
55.

56.
57.
58.
59.
60.
61.
62.

63.
64.
65.
66.
67.
68.

14 of 18

Pratt, B.; Deora, T.; Mohren, T.; Daniel, T. Neural evidence supports a dual sensory-motor role for insect
wings. Proc. Roy. Soc. Lond. B 2017, 284, 20170969, doi:10.1098/rspb.2017.0969.
Dickinson, M.H. Comparison of encoding properties of campaniform sensilla on the fly wing. J. Exp. Biol.
1990, 151, 245–261.
Cole, E.S.; Palka, J. The pattern of campaniform sensilla on the wing and haltere of Drosophila melanogaster
and several of its homeotic mutants. Development 1982, 71, 41–61.
Gnatzy, W.; Grünert, U.; Bender, M. Campaniform sensilla of Calliphora vicina (Insecta, Diptera): I.
Topography. Zoomorph. 1987, 106, 312–319.
Ray, R.P.; Nakata, T.; Henningsson, P.; Bomphrey, R.J. Enhanced flight performance by genetic
manipulation of wing shape in Drosophila. Nat. Comm. 2016, 7, 1–8.
Gorb, S.; Kesel, A.; Berger, J. Microsculpture of the wing surface in Odonata: evidence for cuticular wax
covering. Arthropod. Struct. Dev. 2000, 29, 129–135, doi:10.1016/S1467-8039(00)00020-7.
Wootton, R.J. Functional morphology of insect wings. Annu. Rev. Entomol. 1992, 37, 113–140.
Luo, G.; Sun, M. The effects of corrugation and wing planform on the aerodynamic force production of
sweeping model insect wings. Acta Mech. Sin. 2005, 21, 531–541.
Koehler, C.; Liang, Z.; Gaston, Z.; Wan, H.; Dong, H. 3D reconstruction and analysis of wing deformation
in free-flying dragonflies. J. Exp. Biol. 2012, 215, 3018–3027, doi:10.1242/jeb.069005.
Jongerius, S.R.; Lentink, D. Structural analysis of a dragonfly wing. Exp. Mech. 2010, 50, 1323–1334.
Barnes, C.J.; Visbal, M.R. Numerical exploration of the origin of aerodynamic enhancements in
[low-Reynolds number] corrugated airfoils. Phys. Fluids 2013, 25, 115106, doi:10.1063/1.4832655.
Feaster, J.; Battaglia, F.; Bayandor, J. A computational study on the influence of insect wing geometry on
bee flight mechanics. Biol. Open 2017, 6, 1784–1795.
Le, T.Q.; Truong, T.V.; Tran, H.T.; Park, S.H.; Ko, J.H.; Park, H.C.; Yoon, K.J.; Byun, D. Two- and
three-dimensional simulations of beetle hind wing flapping during free forward flight. J. Bionic. Eng. 2013,
10, 316–328.
Okamoto, M.; Yasuda, K.; Azuma, A. Aerodynamic characteristics of the wings and body of a dragonfly. J.
Exp. Biol. 1996, 199, 281–294.
Harbig, R.R.; Sheridan, J.; Thompson, M.C. Reynolds number and aspect ratio effects on the leading-edge
vortex for rotating insect wing planforms. J. Fluid Mech. 2013, 717, 166–192, doi:10.1017/jfm.2012.565.
Jain, S.; Bhatt, V.D.; Mittal, S. Shape optimization of corrugated airfoils. Comp. Mech. 2015, 56, 917–930.
Meng, X.G.; Mao, S. Aerodynamic effects of wing corrugation at gliding flight at low Reynolds numbers.
Phys. Fluids 2013, 25, 071905, doi:10.1063/1.4813804.
Brandt, J.; Doig, G.; Tsafnat, N. Computational aerodynamic analysis of a micro-CT based bio-realistic
fruit fly wing. PLoS ONE 2015, 10, e0124824, doi:10.1371/journal.pone.0124824.
Rees, C.J.C. Aerodynamic properties of an insect wing section and a smooth aerofoil compared. Nature
1975, 258, 141–142.
Ortega Ancel, A.; Eastwood, R.; Vogt, D.; Ithier, C.; Smith, M.; Wood, R.; Kovač, M. Aerodynamic
evaluation of wing shape and wing orientation in four butterfly species using numerical simulations and a
low-speed wind tunnel, and its implications for the design of flying micro-robots. Interface focus 2017, 7,
20160087, doi:10.1098/rsfs.2016.0087.
New, T.H.; Chan, Y.X.; Koh, G.C.; Hoang, M.C.; Shi, S. Effects of corrugated aerofoil surface features on
flow-separation control. AIAA J. 2014, 52, 206–211.
Murphy, J.T.; Hu, H. An experimental study of a bio-inspired corrugated airfoil for micro air vehicle
applications. Exp. Fluids 2010, 49, 531–546.
Chen, Y.; Skote, M. Gliding performance of 3-D corrugated dragonfly wing with spanwise variation. J.
Fluid Struct. 2016, 62, 1–13.
Ansari, M.I.; Anwer, S.F. Numerical analysis of an insect wing in gliding flight: effect of corrugation on
suction side. FDMP 2018, 14, 259–279.
Reiser, M.B.; Dickinson, M.H. A test bed for insect-inspired robotic control. Phil. Trans. R. Soc. Lond. A 2003,
361, 2267–2285.
Wang, Z.J.; Birch, J.M.; Dickinson, M.H. Unsteady forces and flows in low Reynolds number hovering
flight: two-dimensional computations vs robotic wing experiments. J. Exp. Biol. 2004, 207, 449–460.

Insects 2020, 11, 466

69.
70.
71.
72.
73.
74.
75.
76.

77.
78.

79.
80.
81.
82.
83.
84.

85.
86.
87.

88.
89.
90.
91.
92.

15 of 18

Fry, S.N.; Sayaman, R.; Dickinson, M.H. The aerodynamics of hovering flight in Drosophila. J. Exp. Biol.
2005, 208, 2303–2318.
Sane, S.; Dickinson, M.H. The control of flight force by a flapping wing: lift and drag production. J. Exp.
Biol. 2001, 204, 2607–2626.
Birch, J.M.; Dickinson, M.H. The influence of wing-wake interactions on the production of aerodynamic
forces in flapping flight. J. Exp. Biol. 2003, 206, 2257–2272.
Dickinson, M.H.; Lehmann, F.-O.; Sane, S. Wing rotation and the aerodynamic basis of insect flight. Science
1999, 284, 1954–1960.
Lehmann, F.-O. Wing–wake interaction reduces power consumption in insect tandem wings. Exp. Fluids
2008, 46, 765–775, doi:10.1007/s00348-008-0595-0.
Maybury, W.J.; Lehmann, F.-O. The fluid dynamics of flight control by kinematic phase lag variation
between two robotic insect wings. J. Exp. Biol. 2004, 207, 4707–4726.
Wehmann, H.-N.; Heepe, L.; Gorb, S.N.; Engels, T.; Lehmann, F.-O. Local deformation and stiffness
distribution in fly wings. Biol. Open 2019, 8, bio038299, doi:10.1242/bio.038299.
Shyy, W.; Aono, H.; Chimakurthi, S.K.; Trizila, P.; Kang, C.-K.; Cesnik, C.E.S.; Liu, H. Recent progress in
flapping wing aerodynamics and aeroelasticity. Prof. Aero. Sci. 2010, 46, 284–327,
doi:10.1016/j.paerosci.2010.01.001.
Bluman, J.E.; Sridhar, M.K.; Kang, C.-k. Chordwise wing flexibility may passively stabilize hovering
insects. J. R. Soc. Interface 2018, 15, 20180409, doi:10.1098/rsif.2018.0409.
Moses, K.C.; Michaels, S.C.; Willis, M.; Quinn, R.D. Artificial Manduca sexta forewings for flapping-wing
micro aerial vehicles: how wing structure affects performance. Bioinsp. Biomim. 2017, 12, 055003,
doi:10.1088/1748-3190/aa7ea3.
Mountcastle, A.M.; Daniel, T.L. Aerodynamic and functional consequences of wing compliance. Exp.
Fluids 2009, 46, 873–882, doi:10.1007/s00348-008-0607-0.
Nakata, T.; Liu, H. Aerodynamic performance of a hovering hawkmoth with flexible wings: a
computational approach. Proc. Roy. Soc. Lond. B 2012, 279, 722–731.
Tanaka, H.; Whitney, J.P.; Wood, R.J. Effect of flexural and torsional wing flexibility on lift generation in
hoverfly flight. Integ. Comp. Biol. 2011, 51, 142–150, doi:10.1093/icb/icr05.
Tobing, S.; Young, J.; Lai, J.C.S. Effects of wing flexibility on bumblebee propulsion. J. Fluid Struct. 2017, 68,
141–157, doi:10.1016/j.jfluidstructs.2016.10.005.
Engels, T.; Wehmann, H.-N.; Lehmann, F.-O. Three-dimensional wing structure attenuates aerodynamic
efficiency in flapping fly wings. J. R. Soc. Interface 2020, 17, 20190804, doi:10.1098/rsif.2019.0804.
Stevens, R.J.; Babinsky, H.; Manar, F.; Mancini, P.; Jones, A.R.; Granlund, K.O.; Ol, M.V.; Nakata, T.;
Phillips, N.; Bomphrey, R. Low Reynolds number acceleration of flat plate wings at high incidence. In
Proceedings of 54th AIAA Aerospace Sciences Meeting; p. 0286, doi:10.2514/6.2016-0286.
Usherwood, J.R.; Ellington, C.P. The aerodynamics of revolving wings II. propeller force coefficients from
mayfly to quail. J. Exp. Biol. 2002, 205, 1565–1576.
Usherwood, J.R.; Ellington, C.P. The aerodynamic of revolving wings I. model hawkmoth wings. J. Exp.
Biol. 2002, 205, 1547–1564.
Jones, A.R.; Manar, F.; Phillips, N.; Nakata, T.; Bomphrey, R.; Ringuette, M.J.; Percin, M.; van Oudheusden,
B.; Palmer, J. Leading edge vortex evolution and lift production on rotating wings. In Proceedings of 54th
AIAA Aerospace Sciences Meeting; p. 0288, doi:10.2514/6.2016-0288.
Rival, D.; Tropea, C. Characteristics of pitching and plunging airfoils under dynamic-stall conditions. J.
Aircraft 2010, 47, 80–86.
Jantzen, R.T.; Taira, K.; Granlund, K.O.; Ol, M.V. Vortex dynamics around pitching plates. Phys. Fluids
2014, 26, 053606, doi:10.1063/1.4879035.
Manar, F.; Medina, A.; Jones, A.R. Tip vortex structure and aerodynamic loading on rotating wings in
confined spaces. Exp. Fluids 2014, 55, 1815, doi:10.1007/s00348-014-1815-4.
Lua, K.B.; Zhang, X.; Lim, T.; Yeo, K. Effects of pitching phase angle and amplitude on a two-dimensional
flapping wing in hovering mode. Exp. Fluids 2015, 56, 35, doi:10.1007/s00348-015-1907-9.
Ellington, C.P.; Berg, C.v.d.; Willmott, A.P.; .Thomas, A.L.R. Leading-edge vortices in insect flight. Nature
1996, 384, 626–630.

Insects 2020, 11, 466

93.
94.
95.
96.
97.
98.
99.
100.
101.
102.
103.
104.
105.
106.
107.
108.
109.
110.
111.
112.
113.
114.
115.
116.

117.
118.
119.
120.

16 of 18

Lehmann, F.O.; Sane, S.P.; Dickinson, M.H. The aerodynamic effects of wing-wing interaction in flapping
insect wings. J. Exp. Biol. 2005, 208, 3075–3092.
Bomphrey, R.J.; Nakata, T.; Phillips, N.; Walker, S.M. Smart wing rotation and trailing-edge vortices
enable high frequency mosquito flight. Nature 2017, 544, 92–95.
Cheng, B.; Sane, S.P.; Barbera, G.; Troolin, D.R.; Strand, T.; Deng, X. Three-dimensional flow visualization
and vorticity dynamics in revolving wings. Exp. Fluids 2013, 54, 1423, doi:10.1007/s00348-012-1423-0.
Garmann, D.; Visbal, M. Dynamics of revolving wings for various aspect ratios. J. Fluid Mech. 2014, 748,
932–956.
Percin, M.; Van Oudheusden, B. Three-dimensional flow structures and unsteady forces on pitching and
surging revolving flat plates. Exp. Fluids 2015, 56, 47, doi:10.1007/s00348-015-1915-9.
Wolfinger, M.; Rockwell, D. Transformation of flow structure on a rotating wing due to variation of radius
of gyration. Exp. Fluids 2015, 56, 137, doi:10.1007/s00348-015-2005-8.
Carr, Z.R.; DeVoria, A.C.; Ringuette, M.J. Aspect-ratio effects on rotating wings: circulation and forces. J.
Fluid Mech. 2015, 767, 497–525.
Krishna, S.; Green, M.A.; Mulleners, K. Effect of pitch on the flow behavior around a hovering wing. Exp.
Fluids 2019, 60, 86, doi:10.1007/s00348-019-2732-3.
Ellington, C.P. The novel aerodynamics of insect flight: applications to micro-air vehicles. J. Exp. Biol. 1999,
202, 3439–3448.
Pick, S.; Lehmann, F.-O. Stereoscopic PIV on multiple color-coded light sheets and its application to axial
flow in flapping robotic insect wings. Exp. Fluids 2009, 47, 1009–1023.
Birch, J.M.; Dickinson, M.H. Spanwise flow and the attachment of the leading-edge vortex on insect wings.
Nature 2001, 412, 729–733.
Ellington, C.P. The aerodynamics of hovering insect flight. V. A vortex theory. Phil. Trans. R. Soc. Lond. B
1984, 305, 115–144.
Muijres, F.T.; Spedding, G.R.; Winter, Y.; Hedenström, A. Actuator disk model and span efficiency of
flapping flight in bats based on time-resolved PIV measurements. Exp. Fluids 2011, 51, 511–525.
Milne-Thomson, L.M. Theoretical Aerodynamics, 4th ed.; Macmillan: New York, 1966; pp. 210–211.
Spedding, G.; McArthur, J. Span efficiencies of wings at low Reynolds numbers. J. Aircraft 2010, 47,
120–128.
Henningsson, P.; Bomphrey, R.J. Span efficiency in hawkmoths. J. R. Soc. Interface 2013, 10, 20130099,
doi:10.1098/rsif.2013.0099.
Prandtl, L. Tragflügeltheorie. I. Mitteilung. Nachricht. Gesell. Wissensch. Göttingen 1918, 1918, 451–477.
Betz, A. Schraubenpropeller mit geringstem Energieverlust. Nachricht. Gesell. Wissensch. Göttingen 1919,
1919, 193–217.
Goldstein, S. On the vortex theory of screw propellers. Proc. Roy. Soc. Lond. A 1929, 123, 440–465.
Larrabee, E.E.; French, S.E. Minimum induced loss windmills and propellers. J. Wind Eng. Industr. Aero.
1983, 15, 317–327.
Nabawy, M.R.; Crowther, W.J. Is Flapping Flight Aerodynamically Efficient? In Proceedings of 32nd
AIAA Applied Aerodynamics Conference; p. 2277.
Nabawy, M.R.; Crowther, W.J. Aero-optimum hovering kinematics. Bioinsp. Biomim. 2015, 10, 044002,
doi:10.1088/1748-3190/10/4/044002.
Nabawy, M.R.; Crowther, W.J. Optimum hovering wing planform. J. Theor. Biol. 2016, 406, 187–191.
Reid, H.E.; Schwab, R.K.; Maxcer, M.; Peterson, R.K.D.; Johnson, R.L.; Jankauski, M. Wing flexibility
reduces the energetic requirements of insect flight. Bioinsp. Biomim. 2019, 14, 056007,
doi:10.1088/1748-3190/ab2dbc.
Bhat, S.; Zhao, J.; Sheridan, J.; Hourigan, K.; Thompson, M. Aspect ratio studies on insect wings. Phys.
Fluids 2019, 31, 121301, doi:10.1063/1.5129191.
Levy, D.-E.; Seifert, A. Simplified dragonfly airfoil aerodynamics at Reynolds numbers below 8000. Phys.
Fluids 2009, 21, 071901, doi:10.1063/1.3166867.
Weis-Fogh, T. Quick estimates of flight fitness in hovering animals, including novel mechanisms for lift
production. J. Exp. Biol. 1973, 59, 169–230.
Ellington, C.P. The aerodynamics of hovering insect flight. II. Morphological parameters. Phil. Trans. R.
Soc. Lond. B 1984, 305, 17–40.

Insects 2020, 11, 466

17 of 18

121. Ennos, A.R. The effect of size on the optimal shapes of gliding insects and seeds. J. Zoo. Lond. 1989, 219,
61–69.
122. Zanker, J.M. The wing beat of Drosophila melanogaster I. Kinematics. Phil. Trans. R. Soc. Lond. B 1990, 327,
1–18.
123. Han, J.-S.; Chang, J.W.; Cho, H.-K. Vortices behavior depending on the aspect ratio of an insect-like
flapping wing in hover. Exp. Fluids 2015, 56, 181, doi:10.1007/s00348-015-2049-9.
124. Suzuki, K.; Yoshino, M. A trapezoidal wing equivalent to a Janatella leucodesma's wing in terms of
aerodynamic performance in the flapping flight of a butterfly model. Bioinsp. Biomim. 2019, 14, 036003,
doi:10.1088/1748-3190/aafde3.
125. Engels, T.; Kolomenskiy, D.; Schneider, K.; Sesterhenn, J. FluSI: A novel parallel simulation tool for
flapping insect flight using a Fourier method with volume penalization. SIAM J. Sci. Comp. 2016, 38,
S3–S24.
126. Sroka, M.; Engels, T.; Krah, P.; Mutzel, S.; Schneider, K.; Reiss, J. An open and parallel multiresolution
framework using block-based adaptive grids. In Active Flow and Combustion Control 2018, Springer: 2019;
pp. 305–319.
127. Usherwood, J.R.; Lehmann, F.-O. Phasing of dragonfly wings can improve aerodynamic efficiency by
removing swirl. J. R. Soc. Interface 2008, 5, 1303–1307, doi:10.1098/rsif.2008.0124.
128. Ellington, C.P. The aerodynamics of hovering insect flight. VI. Lift and power requirements. Phil. Trans. R.
Soc. Lond. B 1984, 305, 145–181.
129. Phillips, N.; Knowles, K.; Lawson, N. Effect of wing planform shape on the flow structures of an insect-like
flapping wing in hover. In Proceedings of 27th International Congress of the Aeronautical Sciences. ICAS.
130. Lu, Y.; Shen, G.X.; Lai, G.J. Dual leading-edge vortices on flapping wings. J. Exp. Biol. 2006, 209, 5005–5016.
131. Rival, D.E.; Kriegseis, J.; Schaub, P.; Widmann, A.; Tropea, C. Characteristic length scales for vortex
detachment on plunging profiles with varying leading-edge geometry. Exp. Fluids 2014, 55, 1660,
doi:10.1007/s00348-013-1660-x.
132. Wootton, R.J. Leading edge section and asymmetric twisting in the wings of flying butterflies (insecta,
papilionoidea). J. Exp. Biol. 1993, 180, 105–117.
133. Newman, D.J.S.; Wooton, R.J. An approach to the mechanics of pleating in dragonfly wings. J. Exp. Biol.
1986, 125, 361–372.
134. Lian, Y.; Broering, T.; Hord, K.; Prater, R. The characterization of tandem and corrugated wings. Progr.
Aero. Sci. 2014, 65, 41–69.
135. Kesel, A.B. Aerodynamic characteristics of dragonfly wing sections compared with technical aerofoils. J.
Exp. Biol. 2000, 203, 3125–3135.
136. Kim, W.-K.; Ko, J.H.; Park, H.C.; Byun, D. Effects of corrugation of the dragonfly wing on gliding
performance. J. Theor. Biol. 2009, 260, 523–530.
137. Huda, N.; Anwer, S.F. The effects of leading edge orientation on the aerodynamic performance of dragon fly wing
section in gliding flight; Springer: New Delhi, India, 2016; pp. 1433–1441.
138. Hord, K.; Liang, Y. Numerical investigation of the aerodynamic and structural characteristics of a
corrugated airfoil. J. Aircraft 2012, 49, 749–757.
139. Xiang, J.; Du, J.; Li, D.; Liu, K. Aerodynamic performance of the locust wing in gliding mode at low
Reynolds number. J. Bionic. Eng. 2016, 13, 249–260.
140. Shahzad, A.; Hamdani, H.R.; Aizaz, A. Investigation of corrugated wing in unsteady motion. J. Appl. Fluid
Dyn. 2017, 10, 833–845.
141. Meng, X.; Sun, M. Aerodynamic effects of corrugation in flapping insect wings in forward flight. J. Bionic.
Eng. 2011, 8, 140–150.
142. Du, G.; Sun, M. Aerodynamic effects of corrugation and deformation in flapping wings of hovering
hoverflies. J. Theor. Biol. 2012, 300, 19–28, doi:10.1016/j.jtbi.2012.01.010.
143. Flint, T.J.; Jermy, M.C.; New, T.H.; Ho, W.H. Computational study of a pitching bio-inspired corrugated
airfoil. Int. J. Heat Fluid Flow 2017, 65, 328–341.
144. Vargas, A.; Mittal, R.; Dong, H. A computational study of the aerodynamic performance of a dragonfly
wing section in gliding flight. Bioinsp. Biomim. 2008, 3, 026004, doi:10.1088/1748-3182/3/2/026004.
145. Du, G.; Sun, M. Effects of wing deformation on aerodynamic forces in hovering hoverflies. J. Exp. Biol.
2010, 213, 2273–2283.

Insects 2020, 11, 466

18 of 18

146. Haas, F.; Gorb, S.N.; Wootton, R.J. Elastic joints in dermapteran hind wings: materials and wing folding.
Arthropod. Struct. Dev. 2000, 29, 137–146.
147. Hou, D.; Zhong, Z.; Yin, Y.; Pan, Y.; Zhao, H. The role of soft vein joints in dragonfly flight. J. Bionic. Eng.
2017, 14, 738–745.
148. Rajabi, H.; Ghoroubi, N.; Darvizeh, A.; Dirks, J.-H.; Appel, E.; Gorb, S.N. A comparative study of the
effects of vein-joints on the mechanical behaviour of insect wings: I. Single joints. Bioinsp. Biomim. 2015, 10,
056003, doi:10.1088/1748-3190/10/5/056003.
149. Andersen, S.O.; Weis-Fogh, T. Resilin, a rubber-like protein in arthropod cuticle. Adv. Insect Physiol. 1964,
2, 1–65.
150. Appel, E.; Gorb, S.N. Resilin-bearing wing vein joints in the dragonfly Epiophlebia superstes. Bioinsp.
Biomim. 2011, 6, doi:10.1088/1748-3182/6/4/046006.
151. Gorb, S.N. Serial elastic elements in the damselfly wing: mobile vein joints contain resilin.
Naturwissenschaften 1999, 86, 552–555.
152. Kovalev, A.; Filippov, A.; Gorb, S.N. Slow viscoelastic response of resilin. J. Comp. Physiol. A 2018, 204,
409–417, doi:10.1007/s00359-018-1248-2.
153. Qin, G.; Hu, X.; Cebe, P.; Kaplan, D.L. Mechanism of resilin elasticity. Nat. Comm. 2012, 3, 1–9.
154. Wong, D.C.; Pearson, R.D.; Elvin, C.M.; Merritt, D.J. Expression of the rubber-like protein, resilin, in
developing and functional insect cuticle determined using a Drosophila anti-rec 1 resilin antibody. Dev.
Dyn. 2012, 241, 333–339.
155. Weis-Fogh, T. A rubber-like protein in insect cuticles. J. Exp. Biol. 1960, 37, 889–907.
156. Jensen, M.; Weis-Fogh, T. Biology and physics of locust flight. V. Strength and elasticity of locust cuticle.
Phil. Trans. Roy. Soc. London B 1962, 245, 137–169.
157. Biewener, A.A.; Roberts, T.J. Muscle and tendon contributions to force, work, and elastic energy savings: a
comparative perspective. Exerc. Sport Sci. Rev. 2000, 28, 99–107.
158. Lichtwark, G.A.; Barclay, C.J. The influence of tendon compliance on muscle power output and efficiency
during cyclic contractions. J. Exp. Biol. 2010, 213, 707–714.
159. Roberts, T.J.; Marsh, R.L.; Weyand, P.G.; Taylor, C.R. Muscular force in running turkeys: the economy of
minimizing work. Science 1997, 275, 1113–1115.
160. Zhao, L.; Huang, Q.; Deng, X.; Sane, S.P. Aerodynamic effects of flexibility in flapping wings. J. R. Soc.
Interface 2010, 7, 485–497, doi:10.1098/rsif.2009.0200.
161. Lehmann, F.-O.; Gorb, S.; Nasir, N.; Schützner, P. Elastic deformation and energy loss of flapping fly
wings. J. Exp. Biol. 2011, l214, 2949–2961.
162. Wootton, R.J. Invertebrate paraxial locomotory appendages: design, deformation and control. J. Exp. Biol.
1999, 202, 3333–3345.
163. Young, J.; Walker, S.M.; Bomphrey, R.J.; Taylor, G.K.; Thomas, A.L.R. Details of insect wing design and
deformation enhance aerodynamic function and flight efficiency. Science 2009, 325, 1549–1552,
doi:10.1126/science.1175928.
164. Zheng, L.; Hedrick, T.L.; Mittal, R. Time-varying wing-twist improves aerodynamic efficiency of forward
flight in butterflies. PLoS ONE 2013, 8, e53060, doi:10.1371/journal.pone.0053060.
165. Mistick, E.A.; Mountcastle, A.M.; Combes, S.A. Wing flexibility improves bumblebee flight stability. J. Exp.
Biol. 2016, 219, 3384–3390, doi:10.1242/jeb.133157.
166. Nguyen, T.T.; Sundar, D.S.; Yeo, K.S.; Lim, T.T. Modeling and analysis of insect-like flexible wings at low
Reynolds number. J. Fluid Struct. 2016, 62, 294–317, doi:10.1016/j.jfluidstructs.2016.01.012.
© 2020 by the authors. Licensee MDPI, Basel, Switzerland. This article is an open access
article distributed under the terms and conditions of the Creative Commons Attribution
(CC BY) license (http://creativecommons.org/licenses/by/4.0/).

